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Abstract
We summarize a series of experimental results made with the newly developed high resolution X-ray scattering
(IXS) instrument on two pure lipid bilayers, including dimyristoylphosphatidylcholine (DMPC) and dilauroylphosphatidylcholine (DLPC) in both gel and liquid crystal phases, and lipid bilayers containing cholesterol. By analyzing
the IXS data based on the generalized three effective eigenmode model (GTEE), we obtain dispersion relations of
the high frequency density oscillations (phonons) of lipid molecules in these bilayers. We then compare the dispersion
relations of pure lipid bilayers of different chain lengths among themselves and the dispersion relations of pure lipid
bilayers with those of the cholesterol containing bilayers. We also compare our experimental results with collective
dynamics data generated by computer molecular dynamics (MD) simulations for dipalmitoylphosphatidylcholine
(DPPC) in gel phase and DMPC in liquid crystal phase.
䊚 2003 Elsevier Science B.V. All rights reserved.
Keywords: Collective dynamics in lipid bilayers; Inelastic X-ray scattering; Phonon dispersion relations; Generalized three effective
eigenmode theory

1. Introduction
Biological membranes play a significant role in
a range of biological processes such as ion-transport and signal transduction. All biological membranes are composed of mixtures of several lipids
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and of specific amphiphilic proteins w1x. But in
the native state, the biological membrane is difficult to study. Cell membranes and vesicles are not
in states which could be easily manipulated for
investigation. As a result, phospholipid bilayers
will be used as a model system for our study.
Fully hydrated phospholipid bilayers have been
employed as a model system in many biological
studies to provide insight into the structure and
function of biological membranes that has proven
to be very successful.
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Because of their amphiphilic characters, consisting of a polar head and a bulky hydrophobic
double chain of hydrocarbon groups in the tail
region, these lipids are known to readily selfassemble into ordered bilayers and depending on
the temperature, exhibit different structural phases
w2x. The structures of phospholipid bilayers have
been studied by a variety of methods, such as
differential scanning calorimetry w3x, H2 nuclear
magnetic resonance w4,5x, X-ray and neutron diffractions w6–8x, and computer molecular dynamics
simulations w9–11x. For the single particle dynamics, the diffusion and rotation of lipid molecules
in bilayers have been studied by ESR w12x, NMR
w13,14x, excimer w15x and by fluorescence recovery
after photo-bleaching w16x. A recent incoherent
quasi-elastic neutron scattering experiment w17x
measured the confined diffusion of lipid molecules
in oriented DPPC bilayers by time of flight and
back-scattering neutron spectroscopy. Also, the
undulatory low frequency excitations of highly
ordered stacks of chain-deuterated lipid bilayers at
a high hydration level have been studied by coherent neutron spin–echo spectroscopy w18x. However, studies of the in-plane collective dynamics of
lipid chains are scarce so far w19,20x. Knowledge
of collective density fluctuation of hydrocarbon
chains in lipid bilayers is essential for understanding some aspects of biological functions of natural
membranes. For example, it has been conjectured
that the formation of gauche-trans-gauche kinks
due to the collective thermal motion of hydrocarbon chains provides a possibility for the transmembrane transport of small molecules such as
water or ions w23x.
From the experimental point of view, the measurement of dynamic structure factor S(k,v) is used
to study the collective excitations in condensed
matter. In the past, S(k,v) has been studied extensively by Brillouin light scattering (BLS) and
inelastic neutron scattering (INS) techniques. In
INS, the small-k range is not accessible due to the
kinematic limitation related to the neutron mass
and one is unable to observe the collective excitations of long wave lengths because of the limited
accessible k– v ranges. As for BLS, because of
the long wavelength of light, it limits the accessible
k range to k-0.01 nmy1.

The k range, inaccessible by the aforementioned
experimental techniques (1 nmy1FkF5 nm y1),
is important for the understanding of the collective
dynamics. In order to measure the speed of sound,
we need a linear region of the phonon dispersion
curve for the measured k range, and the same k
range also corresponds to wave vector transfer
near the inverse of the inter-particle distance (ks
1–15 nmy1), where the collective dynamics goes
through a transition from a hydrodynamics to a
microscopic single-particle behavior.
The rapid development of synchrotron radiation
sources make the IXS technique that could cover
the missing k range feasible only happened in
recent years. In 2000, Chen et al. w19x made the
first measurement of collective dynamics in DLPC
phospholipid bilayers and obtained some results,
which showed a good agreement with the later
MD simulation by Tarek et al. w20x. However, in
these articles, they only studied the dynamics of
pure lipids. In real biological system, membranes
are not pure lipid bilayers. For example, cholesterol plays in many ways ubiquitous role in biological
membranes where it can account for up to 50
mol.% of the total lipids in the cell membranes.
The presence of cholesterol is required for mammalian plasma membranes to function normally.
Although cholesterol has a number of different
functions, it is important as a modulator of the
physical and transport properties of the plasma
membrane and is necessary for the functional
activity of several membrane protein w21x. For
instance, adding cholesterol to a lipid bilayer
enhances its bending elasticity w22x and reduces
its passive permeability w23,24x.
Moreover, it is also known that cholesterol
reduces order in gel phase bilayers and increases
order in liquid crystal phase bilayers, hence broadening or even eliminating the main bilayer phase
transition. When in the case of high cholesterol
concentration, cholesterol increases the mechanical
strength, lowers the permeability and suppresses
the main-phase transition. On the other hand, at
low concentration and close to the main phase
transition temperature, cholesterol, instead of
enhancing the strength, softens the bilayer and
increases its permeability. It has been shown that
adding cholesterol to phospholipid membranes pro-
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Fig. 1. The schematic diagram of an inelastic X-ray scattering spectrometer at Beamline 3-ID, Advanced Photon Source and Argonne
National laboratory. The beam comes from an undulator (A) and pre-monochromator (C), then passes through the high-resolution
monochromator (D) and focusing mirror (E) before it illuminates the sample (G). The scattering intensity is focused by analyzer
(I) into detector (J). (F) is the ionization chamber to monitor the incident flux onto sample. (B) and (H) are the slit systems that
determine the source size.

duces a rich phase diagram of the mixer. In Vist
and Davis’s article w25x, they mapped out such
phase diagram for dipalmitoylphosphatidylcholine
(DPPC)ycholesterol in the presence of water. They
showed that by adding a substantial amount of
cholesterol to DPPC membranes, a new phase that
is different from gel and liquid crystal is formed
with the properties of a liquid and solid. In
Zuckermann’s article w26x, the new phase is called
a solid–liquid-ordered phase according to the new
classification scheme introduced by them, while
the gel phase is called solid-ordered phase and in
the liquid crystal phase is called liquid-ordered
phase. When the cholesterol level is low, we can
find the usual two phases: solid- and liquid-ordered
and there is a transition temperature. When there
exists substantial amount of cholesterol in DPPC,
the liquid-ordered phase is present but we can’t
observe the solid-ordered phase by lowering the
temperature. Though a lot of efforts has been put
into the understanding of the properties of phospholipid membranes in the presence of cholesterol
w27–32x, the studies of its in-plane collective
dynamic is still much needed.
MD simulation of phospholipid bilayers can
help interpret the IXS data since the k and v
values accessible to both techniques are about the
same. In this article, we will summarize the new
results obtained from the recent study of the
collective dynamics of the lipids with the addition
of cholesterol w33x by coherent inelastic X-ray
scattering and will also compare these new results

with Chen’s previous article w19x and also the
available MD data w20x.
2. The IXS experiment
The experiment for DMPC and DMPC with
cholesterol was carried out at the high resolution
inelastic X-ray scattering beam line (3-ID) at the
Advanced Photon Source (APS). Fig. 1 is the
schematic diagram of the inelastic X-ray scattering
spectrometer at the Advanced Photon Source,
Argonne National laboratory. The 21.657 keV
(denoted by E1) X-ray was produced by a 4.6 m
long undulator with a 2.7 cm magnetic period at
the storage ring of the APS at Sector 3 w34x. The
beam was pre-monochromated by a water-cooled
diamond (1 1 1) double-crystal monochromator. It
is further monochromatized by a high resolution
in-line monochromator, which consists of two
nested silicon channel-cut crystals. An asymmetrically cut silicon (4 4 0) crystal is used as the
outer channel of the in-line monochromator. It is
able to collimate the incoming beam to below one
microradian inside the channel cut. After the outer
crystal, the beam is reflected twice by the inner
channel cut with a Bragg angle at 83.28 at the (15
11 3) reflection. After transmitting through the
second monochromator, the beam has a tunability
range between 21.50 and 21.70 keV with an energy
width of 1.3 meV. By rotating the inner and outer
channel-cut of the in-line monochromator, we can
tune the energy on the meV scale. The beam is
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then focused by a total reflecting mirror to a spot
size at the sample of 200=100 mm after passing
through the high energy resolution monochromator.
The photon flux at the sample position is approximately 6=108 photonsys at a current of 100 mA
in the storage ring.
The scattered photon was collected by a (18 6
0) reflection of a bent silicon analyzer in extreme
back-scattering geometry (uBs89.988). The analyzer is comprised of a 4 mm thick, 100 mm large
focusing silicon disk, with a distance of 6 m from
the sample. The disk is glued onto a flexible glass
wafer and diced with a high-precision diamond
saw into small pixels of 1 mm size in order to
avoid bending stress in the silicon. By etching the
crystal in a KOH solution, the stress from distorted
areas at the cut regions can be removed.
A temperature-controlled chamber is used to
house the analyzer to keep the temperature stabilized near room temperature to "2 mKy24 h.
A commercially available Cd–Zn–Te semiconductor detector is used here. Its electronic noise
level is below 0.001 Hz.
The wavevector transfer, k, can be varied
according to the relation
ks

4p u
u
˚ y1sin
sin s21.95 A
l
2
2

(1)

where l is the wavelength of the X-rays and u the
scattering angle at the sample. The maximum
scattering angle of the setup is uF15.58, which
corresponds according to the above equation to a
maximum momentum transfer of 30 nmy1.
The net energy resolution function was measured by a Plexiglas sample with a 1.97 meV full
width at half maximum. The shape of the measured
resolution function can be reasonably well
described by a fit with a Pseudo–Voigt function
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where Gs1.97 meV is the full half maximum

value of the curve, hs0.65 the mixing parameter
and Io a normalization constant.
Lipid bilayer samples were fully hydrated films
of thinkness approximately 1 mm and area 1 cm2
deposited on a quartz plate. They were placed in
an air–tight aluminum rectangular box with capton
windows. The incoming X-ray beam enters horizontally, parallel to the plane of the sample and
the scattered beam is collected also in the horizontal direction so that the scattering plane coincides
with the plane of the sample. By this way, we can
assure that scattering vector k is largely in the
plane of lipid bilayers. The path length of the Xray in the sample is approximately 1 cm.
3. Theoretical model
Atomic and molecular density fluctuations of
simple fluids have been studied extensively both
experimentally and theoretically in the past two
decades w35–37x. In Born approximation, the double differential cross sections of both inelastic
photon and neutron scattering from simple fluids
are proportional to the dynamic structure factor
S(k,v), where k is the magnitude of the wave
vector transfer (see Eq. (1)) and "v (Es"vs
E1yE2, where E1 and E2 are the incident and
scattered energies of the radiation, respectively)
the energy transfer in the scattering process w38x.
S(k,v) is the density fluctuation of the atomic or
molecular density in the fluid. This gives an
incentive for formulating a dynamical theory of
fluid which contains explicitly the dynamic structure factor which is measured in an IXS scattering
experiment. The IXS data were analyzed by a
generalized three effective eigenmode model
(GTEE), developed in a recent article by Liao and
Chen w39x. They extended a three effective eigenmode model (TEE) formulated previously by de
Schepper and co-workers for simple liquids to
supramolecular liquids w40–43x. Generally speaking, GTEE is a direct extension of the macroscopic
hydrodynamic theory w35x, including three kdependent quasi-hydrodynamic modes, namely, the
number density, the longitudinal current density
and the energy density. In this section, we will
briefly describe the GTEE model and discuss the
method of analysis of the IXS data.

P.-J. Chen et al. / Biophysical Chemistry 105 (2003) 721–741

3.1. Generalized dynamic structure factor
In a scattering experiment, each target particle
converts the incident plane wave into a spherical
scattered wave with a specific amplitude. The
scattering amplitude of each scattering particle is
generally k-dependent. In IXS, the scattering
amplitude of the particle (atom) is proportional to
ro f i(k) where ro denotes the classical radius of
electron, and f i(k) the form factor of the scattering
atom with index i. The form factor is normalized
in such a way that it is equal to the atomic number
Z when k equals to zero. One can find the tabulated
values of the form factors for different atoms in
International Tables for X-ray Crystallography
w44x. The double differential cross-section for IXS
from a sample containing N atoms is formally
written as w38x.
d 2s
kf 1
sNr2o(´iØ´f)2
dVdE
ki N
Fn,In

N
j

Z MZ

where E denotes the energy transfer of an X-ray
photon to the medium in the scattering process
and ´ the polarization of the X-ray. The indexes
i,f denote the incident and scattered X-rays, respectively. In,Fn are the initial and final states of the
system in the scattering process. PIn is the probability that the system is in the initial state In.
One can define the dynamic structure factor
measured by IXS as

ZN Z
Fn

N

Z MZ

We shall, in the following, use the notation
S(k,v)s"S(k,E). The intermediate scattering
function (ISF) is the inverse Fourier transform of
the dynamics structure factor S(k,v),
F(k,t)s

1
Nfj(k)fl(k)eyikØrl(0)eikØrj(t)M.
N8
j,l

Introducing now the extended density fluctuation
n(k, t) by including the form factor as
1

fj(k)eyikØrj(t)

yN 8
j

(8)

F(k,t)sNn*(k,0)n(k,t)M.

(9)

In our experiment, fully hydrated lipid molecules can be seen as a kind of complex fluids
composed of more than one type of atoms, it is
advantageous to decompose the above defined
dynamic structure factor into the weighted average
of partial dynamic structure factors for all different
types of atoms. This is accomplished by splitting
the extended density fluctuation into the sum of
the density fluctuation of each type of atom,
n(k,t)s8fa(k)vana(k,t)

2

j

(10)

(4)

where a denotes the type of atom, vasyNa yN,
the square root of the number fraction of atomic
type a over the total atom number and na(k, t),
the density fluctuation of the atom type a given
by

(5)

na(k,t)s

1 1
dt eiEty"
2p" N

|

N

=8Nfi(k)fl(k)eikØrl(0)eyikØrj(t)M.
j,l

(7)

8fj(k)eikØrj In

=d(EyEfqEi)

S(k,E)s

(6)

we have
(3)

1
PIn
N F8
n,In

d 2s
kf
sNr2o(´iØ´f)2 S(k,E).
dV dE
ki

2

8fj(k)eikØrj In

Fn

= d(EyEfqEi),

S(k,E)s

The defined dynamic structure factor takes into
account the atomic form factors. The double differential cross section can then be written as

n(k,t)s
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The prime in the last equation denotes that the
sum is only over the different types of atoms
within type a. By using Eq. (10), we can write:
F(k,t)s8fa(k)fb(k)vavbFab(k,t),

(12)

a,b

where the partial intermediate scattering function
is defined as:
Fab(k,t)sNn*a(k,0)nb(k,t)M.

(13)

The Fourier transform relationship between the
dynamic structure factor and the intermediate scattering function implies that the moments of the
dynamic structure factor determine the short time
behavior of F(k, t). In particular, the static structure factor S(k), is the initial value of ISF, F(k,
ts0). The generalized static structure factor S(k)
measured by an X-ray diffraction experiments is
given as
S(k)sNn*(k)n(k)Ms

1
Nfj(k)fl(k)eikØrleyikØrjM.
N8
j,l
(14)

Insert Eq. (10) into the above equation, we have
a useful representation of structure factor in the
following
S(k)s8fa(k)fb(k)vavbSab(k)

(15)

ab

where the partial structure factor Sab(k)s
Nn*a(k)nb(k)M.
Likewise, the dynamic structure factor can also
be written as a weighted sum over partial dynamic
structure factor with the weights determined by
the number fraction and atomic form factor of the
pair. The dynamic structure factor can finally be
written in a transparent way as:
S(k,v)s8fa(k)fb(k)vavbSab(k,v).

(16)

ab

Since the atomic form factor is proportional to
the atomic number of the element, in our experi-

ment, the carbon–carbon and oxygen–oxygen partial structure factor ought to dominate both the
static and dynamic structure factors. It turns out
that the MD simulation w20x showed that in the
case of fully-hydrated lipid bilayers, the dominating partial structure factors are the carbon–carbon
one only because carbon atoms in the lipid molecules are much more ordered than oxygen atoms
in hydration water molecules. This fortunate situation leads to the interpretation that the measured
phonons are indeed coming from the density oscillation of the center of mass of the lipid molecules
constituting the bilayer.
3.2. Generalized
(GTEE) model

three

effective

eigenmode

In the GTEE model, the correlation function
matrix G(k,z) for the three slow microscopic fluctuations: number density (labeled as ‘n’), longitudinal velocity (labeled as ‘u’) and energy density
(labeled as ‘T’), obeys a hydrodynamic-like
equation:
(17)

zG(k,z)sH(k)G(k,z)qI.

Then the dynamic structure factor is given as (we
put zsyiv)
S(k,v)s

S(k) ST yI WT
X
ReUT
,
T
p
V ivqH(k) Y1,1

(18)

where I is the 3=3 identity matrix, label 1,1
outside the curly bracket means the (1,1) element
of the matrix. The hydrodynamic matrix H is
given in terms of four independent phenomenological k-dependent parameters,
B

C

0

H(k)s ifun(k)
D

0

ifun(k)

0

E

F

zu(k)

ifuT(k) ,

ifuT(k)

zT(k) G

(19)

where the matrix element f un(k) is the second
frequency moment of the dynamic structure factor.
It is given in terms of the structure factor S(k), as
fun(k)skvo(k)wS(k)xy1y2

(20)
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Fig. 2. A typical fit of the IXS spectra at ks4.8 nmy1 with the GTEE theory. The sample is a DMPC bilayer in the gel phase at
Ts293 K. The fit gives the width of the central peak, 0.03 meV, much less than the width of energy resolution function, the FWHM
of which is 1.97 meV. The in-plane phonon frequency, Vs s7.071 meV, is clearly resolved, giving the propagating sound speed of
2229.7 mys. The damping of the phonon is 3.029 meV.

where the generalized thermal speed vo(k) is the
weighted average of the thermal speeds voas
ykBTyMa of different types of atoms present in
the bilayer system defined as,

1 ST
1
S(k,v)yS(k)sy ReTU
Adj(ivI
p V det(ivIqH)
W
T

qH)1,1XT
Y

2
o

2
a

2 2
a oa

v (k)s8f (k)v v .

(22)

(21)

a

It should be noted here that from the fitted value
of f un(k), we can deduce the absolute value of the
generalized structure factor S(k) (defined in Eq.
(15) above) by calculating the generalized thermal
speed according to Eq. (21). The other three
independent parameters: zu(k), f uT(k), zT(k) are all
real numbers and the small k limit of these three
parameters is related to thermal dynamical and
transport parameters of the fluid in a unique way
w43x.
One can rewrite Eq. (18) as:

where det(ivIqH) is the determinant of the
matrix (ivIqH), while Adj(ivIqH)1,1 is the first
element of the adjunct matrix of (ivIqH). After
evaluating the matrix elements, it becomes
S S(k,z) W
S(k,v)
T
T
Xs
sReUT
T
S(k)
V S(k) Y
W
1 S
z2y(zuqzT)zqzuzTqf2uT
X
y ReU
3
p V yz q(zuqzT)z2y(zuzTqf2uTqf2un)zqf2unzT Y
T

T

T

T

(23)
where yiv is replaced by z. If we put the
numerator z2y(zuqzT)zqzuzTqf2uT as P(z) and

P.-J. Chen et al. / Biophysical Chemistry 105 (2003) 721–741

728

Fig. 3. The evolution of S(k,v) for DMPC in the liquid crystal phase at Ts308 K, as a function of v at different k values, extracted
from experimental IXS spectra, is shown using the GTEE model. Although the general shape of the spectra is similar to that in the
gel phase, it should be noted that the phonon peaks are less well defined, because in the liquid crystal phase, the lipid molecules
are not ordered in the bilayer plane.

the denominator yz3q(zuqzT)z2y(zuzTqf2uTq
f2un)zqf2unzT as yQ(z). In most of the cases, the
roots of the equation Q(z)s0 consist of one real
number Gh and a couple of conjugate complex
number Gs"iVs and the Eq. (23) can be factorized in the following form
S(k,z)yS(k)s

1 S P(z) W S A(z)
(BqCz) W
U
XsU
X
q
p V Q(z) Y V zyGh (zyGs)2qV2s Y
T

T

T

T

T

T

T

T

(24)
where

P(z)
A(z)s
,
Q9(z)

Bsy

B

B P(G qiV ) E
P(GsqiVs) E
s
s
Fy2vsImC
F,
D Q9(GsqiVs) G
D Q9(GsqiVs) G
B P(G qiV ) E
s
s
F. One can therefore
and Cs2ReC
D Q9(GsqiVs) G
cast the normalized dynamic structure factor in a
hydrodynamic-like form

2GsReC

S(k,v)yS(k)s

1 ST
Gh
Gsqb(vqVs)
U
qAs
TA0
2
2
p V v qGh
(vqVs)2qGs2

qAs

Gsyb(vyVs) WT
X
T
(vyVs)2qG2s Y

(25)
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Fig. 4. The evolution of S(k,v) for DMPC in gel phase at Ts293 K, as a function of v at different k values, extracted from
experimental IXS spectra, is shown using the GTEE model. It can be seen that up to ks7.5 nmy1 which is the location of the first
peak of the dispersion relation, the phonon peaks are well defined. At large k, although the phonon peak is not clearly seen in the
spectrum, nevertheless, according to GTEE theory, it is still possible to decompose the spectra into three overlapping Lorentzian
peaks, one central and two symmetric side peaks. Hence, one can still assign a phonon frequency and its damping. The concept of
phonon ceases to exist when the three Lorentzian peaks all center around vs0. It is interesting to note that at ks14.0 nmy1, which
is the position of the peak of the static structure factor S(k), one can clearly see the so-called DeGenne narrowing of the spectrum.

where
M(x)sx2y(zuqzT)xqzuzTqf2uT,
M(GsyiVs)
Ns
2iVs(Ghy(GsyiVs))
M(Gh)
A0s
,
(GsyGh)2qV2s
AssRe(N),
bsyIm(N)yRe(N).

(26)

According to Eq. (25), the three poles of S(k,zs
iv) are Gh and Gs"iVs, respectively, where Gh(k)
is the relaxation rate of the central non-propagating
mode, Gs(k) is the damping, and Vs is the frequency of the high frequency sound (phonon)
mode. These three physical parameters are functions of the four fitting parameters: f un(k), zu(k),
f uT(k) and zT(k). In the hydrodynamic limit k™0,
the parameters in Eq. (25) satisfy A0sw(gy1)y
gx, Ass1y2g, Vsscsk, GhsDTk 2 and Gssak2,
where cs is the adiabatic sound speed, DT the
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Fig. 5. The evolution of S(k,v) for DMPC with addition of 20% cholesterol at Ts308 K, as a function of v at different k values,
extracted from experimental IXS spectra, is shown using the GTEE model. We can see that the phonon peaks of the spectra are in
general better defined compared to those in the liquid crystal phase. One can argue that the insertion of cholesterol molecules
increases the stiffness of the bilayer. Thus, the bilayer becomes more solid-like and hence the propagating phonon modes become
more well defined.

thermal diffusivity, asŽ1y2.wvq(gy1)DTx the
Cp
sound damping factor, gs
the specific heat
Cv
ratio, and v is the kinematic longitudinal viscosity.
We can also cast the GTEE model in the form
of a continued fraction expansion,
w

x

S(k,zsiv)s zq
y

2
un

f (k)
f2uT(k)
zqzu(k)q
zqzT(k) ~

zy1

|

.

(27)

From this expression, the second-order memory
function of the spectral density of the density–
density correlation function can be seen to be of
the form:
KL(k,zsiv)szu(k)q

f2uT(k)
zqzT(k)

(28)

Eq. (28) is useful for comparison with other
theories formulated in terms of the memory
function.
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Fig. 6. The evolution of S(k,v) for DMPC with addition of 40% cholesterol at Ts308 K, as a function of v at different k values,
extracted from experimental IXS spectra, using the GTEE model. The side peaks of the spectra are slightly sharper, otherwise
similar to the case of DMPC with 20% cholesterol added. We can reconfirm our previous observation that the addition of the
cholesterol molecules stiffen the bilayer.

To fit the IXS data, we use the four adjustable
parameters in Eq. (23) among which f un can be
compared with static structure factor S(k) using
Eq. (20). The theoretical dynamic structure factor
is then multiplied by the Bose factor (the detailed
balance factor) and convoluted with the energy
resolution function before compared with experimental spectrum, which has been normalized to
have unit area. Fig. 2 shows the normalized IXS
spectrum S(k,v)yS(k), in unit of sy1, of DMPC
bilayer in the gel phase at Ts293 K at ks4.8
nmy1 fitted with the GTEE model. The theoreti-

cally calculated dynamic structure factor is indicated by the solid line and the dotted line
represents the energy resolution function. The convolution of the theoretical dynamic structure factor
(multiplied by the Bose factor) with the energy
resolution function is given in a thick solid line
which goes through all the experimental points
(symbols). The x2 of the fit is of the order of
unity. The result of the fit gives values of the three
physical parameters shown also in the figure: Vss
7.071 meV, Ghs0.030 meV and Gss3.029 meV,
respectively. The fitting of the spectra for other k
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Fig. 7. A comparison of four S(k,v) all taken at ks6 nmy1 for the four different cases are presented above. It illustrates the point
that the two samples with cholesterol added have dynamic structure factors closer to the case of DMPC in the gel phase than to
that of DMPC in the liquid crystal phase.

values in general shows good agreement with the
experimental data, giving the x2 in the range of
1–6.
4. Results and discussion
The GTEE model is a powerful tool for analysis
of IXS spectra in a fluid medium. From the GTEE
model analysis, we obtain the following information from the spectrum: the dynamic structure
factor S(k,v), the phonon dispersion relation
Vs(k) as a function of k; the phonon damping
Gs(k) as a function of k; and relaxation rate of the
central mode Gh(k) as a function of k.

In Figs. 3–6, we show S(k,v) as a function of
v at different k values, extracted from experimental IXS spectra, using the GTEE model for DMPC
in the liquid crystal phase at Ts308 K, in the gel
phase at Ts293 K, with addition of 20% (mole
percent) cholesterol at Ts308 K and with addition
of 40% (mole percent) cholesterol at Ts308 K,
respectively. It can be seen in these figures that at
low k, the dynamic structure factor consists of
three modes, a sharp central mode, and two symmetric, broad side peaks representing the high
frequency sound mode or the phonon mode. In the
case of light scattering, the central mode is called
the Rayleigh peak and the side peaks are called
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Fig. 8. The static structure factors in the region of the lipid–lipid correlation peak, which is located at approximately ks15 nmy1.
Our IXS measurements span a k range from 4.5 to 20 nmy1, including this peak. In order to test the goodness of fit of the GTEE
theory, we compare the absolute value of the structure factor deduced from one of the fitting parameters, f un(k). These theoretical
structure factors as a function of k are shown by solid diamonds while the measured structure factors are given as the solid lines.
Since the measured structure factor is in an arbitrary scale, in order to compare with the fitted S(k), we have to normalize the
measured one by a constant scale factor. It is seen that an agreement between the experimental and theoretical structure factors is
satisfactory, indicating that the fitting procedure is sound.

the Brillouin peaks. S(k,v) measured by IXS is
thus an extension of the Rayleigh–Brillouin triplet
measured in a conventional light scattering experiment to the higher k values (or short wavelength,
ls2p yk). For the liquid crystal phase in Fig. 3,
we see that the phonon peaks are well defined up
to ks7.5 nmyl, which is the location of the first
peak of the dispersion relation. At large k, although
the phonon peak is not clearly seen in the spectrum, nevertheless, according to the GTEE theory,

it is still possible to decompose the spectra into
three overlapping Lorentzian peaks, one central
and two symmetric side peaks. Hence, one can
still assign a phonon frequency and its damping.
The concept of phonon ceases to exist when the
three Lorentzian peaks all center around vs0. It
is interesting to mention that at ks13.0 nmy1 (see
Fig. 8) which is the position near the peak of the
static structure factor S(k) one can clearly see the
so-called DeGennes narrowing w37x of the spec-
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Fig. 9. The in-plane phonon dispersion relations of DMPC bilayer at two temperatures, corresponding to the gel and liquid crystal
phases, respectively, of the bilayer. From the figure, we can see that the dispersion relations are structure dependent, i.e. the in-plane
collective oscillations of the hydrocarbon chains also depend on the order of the lipid molecules in the bilayer plane. In the gel
phase (Ts293 K), the hydrocarbon chains are ordered, so the phonon frequency and the sound speed is higher. In the liquid crystal
phase (Ts308 K) because the chains are disordered, the phonon frequency and the sound speed are lower. It should be noted that
the frequency gap at ks14.0 nmy1 is also smaller for the liquid crystal case.

trum. For the gel phase in Fig. 4, although the
general shape of the spectra is similar to that in
the liquid crystal phase, it should be noted that the
phonon peaks are more well defined, because in
the gel phase, the lipid molecules are more ordered
in the bilayer plane. Fig. 5 shows the case for
DMPC with addition of 20% (mole percent) cholesterol at Ts308 K. In general, we can see that
the phonon peaks of the spectra are better defined
compared to those in the liquid crystal phase. One
can argue that the insertion of cholesterol molecules into a bilayer increases the stiffness of the
bilayer w26x. Thus, the bilayer becomes more solidlike and hence the propagating phonon modes
become more well defined. Fig. 6 is the result
from DMPC with addition of 40% cholesterol at
Ts308 K. The side peaks of the spectra are
slightly sharper, otherwise similar to the case of

DMPC with 20% cholesterol added. We can reconfirm our previous observation that the addition of
the cholesterol molecules stiffens the bilayer.
Fig. 7 gives a comparison of four S(k,v) all
taken at ks6 nmy1 (near the peak position of the
phonon dispersion relation) for the four different
cases presented above. It illustrates the point that
the two samples with cholesterol added have
dynamic structure factors closer to the case of
DMPC in the gel phase than to that of DMPC in
the liquid crystal phase.
In order to test the goodness of the fit of the
GTEE theory to the measured spectrum, we compare the absolute value of the structure factor
deduced from one of the fitting parameters, f un(k),
with the measured static structure factor. Fig. 8
shows the static structure factors in the region of
the lipid–lipid correlation peak, which is located
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Fig. 10. The comparison of the in-plane phonon dispersion relations of DLPC and DMPC bilayers in the gel phase (Ts293 K)
from IXS experiments and DPPC in the gel phase (Ts293 K) from MD simulations, respectively. An interesting feature to note is
that as the lipid chain length increases, the phonon frequency at ks7.0 nmy1 (the peak of the dispersion relation) increases, on the
other hand the one at ks14.0 nmy1 (the valley of the dispersion relation) decreases.

near kmaxs14–15 nmy1 (corresponding to the
2p
lipid–lipid head group distance ds
f0.4 nm).
kmax
Our IXS measurements span a k range from 4.5 to
20 nmy1, including this peak. The theoretical
structure factors as a function of k are shown by
solid diamonds while the measured structure factors are given as the solid lines. Since the measured
structure factor is in an arbitrary scale, in order to
compare with the fitted S(k), we have to normalize
the measured one by a constant scale factor. It is
seen that an agreement between the experimental
and theoretical structure factors is satisfactory,
indicating that the fitting procedure is sound.
The in-plane phonon dispersion relations of
DMPC bilayer at two temperatures, corresponding
to the gel and liquid crystal phases, respectively,
of the bilayer are shown in Fig. 9. From the figure,
we can see that the dispersion relations are structure dependent, i.e. the in-plane collective oscilla-

tions of the hydrocarbon chains also depend on
the order of the lipid molecules in the bilayer
plane. In the gel phase (Ts293 K), the hydrocarbon chains are ordered, so the phonon frequency
and the sound speed are higher. In the liquid
crystal phase (Ts308 K) because the chains are
disordered, the phonon frequency and the sound
speed are lower. We note that the existence of the
valley at ks14 nmy1 is similar but more pronounced than that in the simple liquids.
The examples are the gap in the dispersion
curves in liquid argon w41x, the Lennard–Jones
fluid, and the dips in liquid cesium w45x and liquid
He4 w46x. One can make a qualitative argument as
to why the dispersion relation has a valley at the
peak of the structure factor. One knows that the
second moment of normalized dynamic structure
factor is given by Nv2Msk2v20(k)yS(k), assuming
that the dynamic structure factor consists of a
sharp triplet with a central peak and symmetrically
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Fig. 11. The comparison of the in-plane phonon dispersion relations of DMPC (Ts308 K) and DLPC (Ts294 K) bilayers in the
liquid crystal phase from IXS experiments and DMPC (Ts308 K) bilayer in the liquid crystal phase from MD simulations. Although
the phonon frequencies in DMPC (experiment) are higher than that of the DLPC (experiment), the same pattern noted in the last
figure, the MD result seems to be lower than the corresponding IXS data. This discrepancy is judged to be more than the error bars
of the fittings.

shifted side peaks located at "Vs. Then the
second moment is dominated by the shifted peaks
and is approximately equal to 2V2s . Hence, we
have an approximate relation that the sound
frequency
Vsskv0(k)y y2S(k),

(29)

i.e. Vs is inversely proportional to the square root
of the structure factor. This argument although
plausible is, however, not quantitatively accurate
except for the position of the minimum. This is
because the argument does not take into account
the finite damping of the central and side peaks.
For the lipid bilayer, the dip in the dispersion
relation is actually deeper in the liquid crystal
phase than in the gel phase, while the experimental
structure factor peak is lower in the former than
in the latter as can be seen from Fig. 8.

We present a series of comparisons of the inplane phonon dispersion relations for different
samples from IXS measurements and MD simulations. Fig. 10 is the comparison of the in-plane
phonon dispersion relations of DLPC and DMPC
bilayers in the gel phase (Ts293 K) from IXS
experiments and DPPC in the gel phase (Ts293
K) from MD simulations, respectively. An interesting feature to note is that as the lipid chain
length increases, the phonon frequency at ks7.0
nmy1 (the peak of the dispersion relation) increases, on the other hand, the one at ks14.0 nmy1
(the valley of the dispersion relation) seems to
decrease. However, the latter conclusion is highly
uncertain because the measured spectrum at the
peak of the structure factor is nearly as narrow as
the resolution function. So the GTEE model analysis becomes very difficult and the resultant phonon frequency highly uncertain. Fig. 11 is the
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Fig. 12. The comparison of phonon dispersion relations of DMPC in the gel phase (Ts293 K), DMPC with 40 and 20% cholesterol
content at Ts308 K. In spite of the fact that at Ts308 K, a pure DMPC bilayer would be in the liquid crystal phase, but with the
addition of cholesterol molecules, both phonon frequencies and the sound speed come close to the DMPC bilayer in the gel phase
at Ts293 K. This clearly shows that the effect of addition of cholesterol molecules is to make the bilayer more rigid, thus blurs
the distinction between the liquid crystal and gel phases of the bilayer.

comparison of the in-plane phonon dispersion relations of DMPC (Ts308 K) and DLPC (Ts294
K) bilayers in the liquid crystal phase from IXS
experiments and DMPC (Ts308 K) bilayer in the
liquid crystal phase from MD simulations.
Although the phonon frequencies in DMPC
(experiment) are higher than that of the DLPC
(experiment), the same pattern noted in the last
figure, the MD result for DMPC does not seem to
agree with the IXS experimental data of DMPC.
Fig. 12 is the comparison of phonon dispersion
relations of DMPC in the gel phase (Ts293 K),
DMPC with 40 and 20% cholesterol content at
Ts308 K. In spite of the fact that at Ts308 K, a
pure DMPC bilayer would be in the liquid crystal
phase, but with the addition of cholesterol molecules, both phonon frequencies and the sound
speed come close to the DMPC bilayer in the gel
phase at Ts293 K. This clearly shows that the

effect of addition of cholesterol molecules is to
make the bilayer more rigid, thus blurs the distinction between the liquid crystal and gel phases of
the bilayer. It is known in the literature w26,25,47x,
the addition of a substantial amount of cholesterol
to DPPC membranes will result in a new phase
called the liquid order phase which is different
from the gel and liquid crystal phases exhibiting
the properties of a liquid and solid.
The k dependence of the ratio of phonon damping to its frequency for DLPC, DMPC at Ts293
K (gel phase) and DMPC at Ts308 K with 20
and 40% cholesterol addition is shown in Fig. 13.
It is seen that at low k values, damping is a
fraction of the frequency but at high k values it
can become larger than the frequency. Fig. 14
shows k dependence of the relaxation rate Gh(k)
of the central mode of the dynamic structure factor.
The relaxation rate has a quadratic dependence on
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Fig. 13. The k dependence of the ratio of phonon damping to its frequency shows that at low k, damping is a fraction of the
frequency but at high k it can become bigger than the frequency.

k with a proportionality constant, which is the
thermal diffusivity DT. Quadratic fit to all the data
gives DTs7.6=10y6 cm2 ys with a large experimental error bar.

function of k. We compare these extracted quantities as a function of lipid chain length, its two
different main phases, liquid crystal vs. gel phases,
and the effect of the addition of cholesterol to the
bilayer. Followings are our main findings:

5. Conclusions
We have summarized the result of IXS investigation of in-plane collective excitations in lipid
bilayers composed of DLPC w19x, DMPC and
DMPC with the addition of cholesterol w33x. This
in-plane collective excitation was conjectured as
the longitudinal density oscillations of the center
of mass of lipid, molecules as a whole by using
MD simulations of DPPC and DMPC bilayers
w20x. Specifically, we have presented the detail of
the analysis method, called the GTEE model,
which allows us to extract the following physical
quantities: the dynamic structure factor S(k,v); the
phonon dispersion relation, Gs(k) as a function of
k; the phonon damping Gs(k) as a function of k;
and relaxation rate of the central mode Gh(k) as a

1. The general feature of the dispersion relation
for phonons in a bilayer is that it increases
linearly for small k values, reaching a peak and
then comes down to a valley at kmax corresponding to the peak of the static structure factor
S(k). The peak of the dispersion relation occurs
at approximately one half of kmax. Occurrence
of the valley in the dispersion relation can be
understood from the known second frequency
moment of the dynamic structure factor S(k,v).
We showed that phonon frequency Vs as a
function of k is inversely proportional to the
square root of the static structure factor S(k).
The phonon frequency at kmax corresponds to
the vibrational frequency of the two neighboring
lipid molecules against each other. The fact that
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Fig. 14. The k dependence of the relaxation rate Gh (k) of the central mode of the dynamic structure factor is shown. The relaxation
rate has a quadratic dependence on k with a proportionality constant, which is the thermal diffusivity DT . Quadratic fit to the all
the data gives DTs7.6=10y6 cm2ys.

this frequency is lower in the liquid crystal
phase than in the gel phase may have biological
implication for mechanism of transport of small
molecules across membranes.
2. Given the lipid chain length, the phonon frequencies and the high frequency sound speed
are higher in the gel phase than in the liquid
crystal phase due to the ordering of lipid molecules in the gel phase. The sound speed in the
gel and liquid crystal phase are 2229.7 and
1716.8 mys, respectively.
3. The phonon frequency at the peak of the dispersion relation increases with the chain length.
4. Addition of cholesterol molecules to DMPC,
originally in the liquid crystal phase, has an
effect of changing dynamic structure factor and
the phonon dispersion relation closer to that of
the gel phase. We interpret this result to mean

that addition of cholesterol to the liquid crystal
phase has a tendency of increasing the order of
the lipid molecules in the bilayer, thus making
the bilayer more solid-like.
5. The MD simulation result for DPPC in gel
phase shows the right tendency for phonon
frequencies as compared to the IXS result for
DMPC and DLPC in gel phase. But MD result
of dispersion relation for DMPC in liquid crystal
phase shows some discrepancy with that of IXS
result in DMPC.
6. The thermal diffusion constant is insensitive to
the chain length and phases of the bilayer. It
has a value DTs7.6=10y6 cm2 ys, with a large
error bar, for all the bilayers we studied.
We have demonstrated in this article that the
high resolution inelastic X-ray scattering studies
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of lipid bilayers have many potentials for offering
new information in micro-mechanical properties of
bilayers.
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